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A system of equations describing the motion of multicomponent mixtures in a porous medium, taking into account the phenomena 
of competing adsorption is formulated within the framework of a kinetic approach to the study of sorption processes. An equation 
of sorption kinetics, which describes a series of oscillatory modes for certain values of the original parameters, is suggested. A 
numerical analysis of the stability is carried out for the corresponding dynamical system. A qualitative comparison of the results 
of calculations and experimental data is given. Q 2003 Elsevier Science Ltd. All rights reserved. 

Experimental investigations of absorption phenomena in multicomponent systems show the presence 
of competing effects, which lead to a non-monotonic distribution of adsorbents on the surface of a solid, 
where mutual influence of the components on the degree of adsorption of each of them is observed 
[I]. These effects are particularly important for flows of heavy oils containing surface-active components 
(asphaltenes, tars and naphthenic acids). The development of a theory of non-linear non-equilibrium 
dynamics of the adsorption of multicomponent mixtures is of theoretical and applied interest, due to 
adsorption separation of gaseous and liquid mixtures, the chromatographic effect in the seepage of oils, 
the displacement of petroleum by active admixtures and solvents, the injection of deposition inhibitors 
in oil wells, etc. [l-3]. On the other hand, a class of problems exists, connected with the manifestation 
of non-equilibrium phenomena in porous media. This is the seepage of fluids with complex rheological 
properties (liquid mud, non-Newtonian oils and polymers) and also two-phase seepage with a spatial 
redistribution of the phases and a variable phase permeability [4-61. 

The purpose of this paper is to construct a theoretical msodel of competing adsorption in multi- 
component seepage flows, taking into account existing experimental data and modern ideas on the nature 
of non-equilibrium processes in porous media. 

1. FORMULATION OF THE PROBLEM 

The seepage of a multicomponent hydrocarbon system, including y1 surface-active components, diffusing 
in the porous space of a medium and simultaneously adsorbing on its surface is considered. 

The dynamics of adsorption from a multicomponent mixture, moving in a porous medium, is described, 
in a one-dimensional diffusion model, by the equation of material balance of the ith component in pores 
and has the form 

l3C. dc. da. 
~--‘+~---!+-! = _ 

at ax at (1.1) 

Here ci is the concentration of the ith component in a moving phase, ai is its concentration in the adsorbed 
state, 21 is the average seepage rate of the mixture, m is the porosity, xj is the porosity, k are the 
characteristic dimensions of the porous medium, Di = Doi + xiu is the effective diffusion coefficient, 
and xj is the scattering parameter of the porous medium. 

The sorption kinetics equations, which vary depending on the chosen adsorption model, must be added 
to system (1.1). Assuming that the main mass transfer occurs due to diffusion in the volume of the pores, 
we will consider the following kinetic equation for the adsorption model [7] 

aa,/& = pi~j - Fj(a,, . . . . a,)~~ (1.2) 
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in which the function Fi(al, . . . , a,), in the most general form, is written as follows: 

F,(a,, . . . . a,) = 
c 

b,“,] 1 -Chiai j -p - GkjjG, (1.3) 

Here bi is the adsorption coefficient of the ith component, 1, is a coefficient, characterizing the degree 
of monolayer fillability, p is the assumed number of adsorption layers, and kij is the coefficient of 
intermolecular interaction of adsorbent components. 

Equation (1.3) in the special case IZ = 2, kti = 0, Ai = 1,~ = 1 reflects Langmuir’s adsorption theory 
for a two-component mixture [8]. If we take n = 2, bi = 0, kg # 0, we obtain the classical system of 
Lotka-Volterra equations [9]. 

We will introduce the assumption of the possible non-equilibrium nature of the adsorption process 
due to the finite rate of the mass transfer at the surface of the skeleton of the porous medium and the 
characteristic delay time in establishing local thermodynamic equilibrium (at each point in space). In 
this case Eqs (l.l)-( 1.3) must be supplemented with the relaxation equation 

daiiat f ai = ii, (1.4) 

I-Ience the solution with respect to the concentration of adsorbed substance, obtained from Eqs 
(l.l)-(1.3), is considered as the non-equilibrium value & and the required equilibrium value ai is 
obtained more accurately from the solution of relaxation equation (1.4). The seepage rate in Eq. (1.1) 
is given by Darcy’s law and the pressure distribution is obtained from the piezoconductivity equation. 
We get 

kaP ap _ a k ap c > -- ’ = -;S Ft - Z pmpax 7 
lny = Ccilnl_ti 

I 

Were n, 0 are the coefficients of dynamic viscosity and the compressibility of the seepage mixture, 
respectively and k is the permeability of the saturated porous medium; the viscosity of the mixture 
depends on the coefficients of dynamic viscosity of the components pi and is given by the last relation 
of Eq. (1.5). 

Equations (1 .l)-( 1.5) are supplemented by the following initial and boundary conditions 

ci(~, t) = $, ac,/axl, = L = 0, t 2 0, I -<i5i:n 

a&x, 0) = 0, Ci(X,O) = coi, Q<x<L 

Pm t) = Pl7 PC-% 0) = POT P(L t) = PO 

2. NUMERICAL ANALYSIS OF THE STABILITY OF 
THE DYNAMICAL SYSTEM 

The solutions of the problem depend very much on the form of the function Fi(al, . . . , a,) in Eq. (1.3), 
as has been shown by numerical experiments. The system considered exhibits unexpected behaviour, 
including oscillations in the solutions a&, t), which, in turn, can give rise several extrema in the solutions 
c&, t), In this connection, the stability of the system of equations of sorption kinetics (1.2), (1.3) was 
analysed for the case of two simultaneously adsorbing components 

bia; 

(1 -h,a, -h2a2)* 
+ kialaz, i = I,2 

The stability of the equilibrium positions of system (2.1) at a fixed point in space (X = 0) was analysed 
numerically by the Runge-Kutta method for a wide range of values of its coefficients. All the results 
obtained can be divided into two classes: (1) solutions of the travelling concentration wave type, occurring 
in cases when one of the components clearly predominates over the others either in speed, or in degree 
of adsorption activity on the surface of the skeleton of the porous medium, and (2) solutions corres- 
ponding to the various oscillatory processes. Solutions of the second class are of the greatest interest 
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from the point of view of confirming the competitive of the adsorption. Various types of oscillations 
are possible in the concentration distributions as was shown by the numerical experiment. 

The calculations were carried out for fixed values of the following initial parameters 

p, = 0.5, p2 = 0.4, k, = 10, I.* = h, = 0.5, c’: = 0.5, c; = 0.3 

and for the following sets of values of the other parameters 

k, = -30, 6, = 0.005, b, = 0.1 (Fig. 1) 

k, = -50, b, = -0.005, b, = 0.5 (Fig.%) 

k, = -30, 6, = -0.005, b, = 0.1 (Fig.3) 

The results are shown in Figs 1-3(a) in the form of phase (diagrams in the (qi, q2) plane, where qi = 
a& are the values of the concentration of the adsorbed component, referred to the maximum value 
(the limiting value at the point x = 0) of the concentration of the given component in the porous space. 
The graphs of qi(t) corresponding to the results obtained are given in Figs 1-3(b). 

It is can be seen that an insignificant change in the values of some parameters substantially changes 
the nature of the process from decaying oscillations, which, as is well known, is due to the presence of 
a singular point of the stable focus type (Fig. 2a), to sustained self-excited oscillations, connected with 
the occurrence of singular points of the unstable focus type and limiting cycles (Fig. 3a) in the system. 
Fig. l(a) (a stable mode) illustrates the case when there are no oscillations. 

3. NUMERICAL SOLUTION OF THE BOUNDARY-VALUE PROBLEM 

The initial-boundary-value problem (l.l)-(1.6) formulated above in the special case of two-component 
adsorption (i = 1.2, Ci(X, 0) = 0) was solved numericallv bv a difference method and using the checker- 
board scheme for the following, values of 1 

n = 0.2, k = 0.5 x lo-l2 m2, 

X, =Xz=O.lm, /3= 10e9 Pa-‘, 

p0 = 107 Pa, p1 = 1.5 x IO’ Pa 

the initial parameters, apart from those mentioned above. 

l.r, = 0.8 Pa s, pz = 0.2 Pa s, PLO = 0.01 Pa s 

z = 0.02 s, L = 100 m, 
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It has been established that this system behaves quite differently, depending on the initial data and 
parameters. The concentration distributions in space, corresponding to the three qualitatively different 
cases considered at the boundary point x = 0, are shown in Figs 1--3(c). It can be seen that in both 
cases when oscillations (Figs 2 and 3) are observed in the dynamical system, the response to the 
oscillations excited at the boundary point occurs after certain time intervals (in the figures above - of 
the order of several hours). However, whereas in the first case (Fig. 2b) the oscillations occur only in 
the concentration distribution of the adsorbed substances, in the second case (Fig. 3b) they are so 
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pronounced, that, in their turn, they also generate oscillations of the concentrations of the components 
in the flow. 

It can be seen from the figures that the existence of a travelling concentration front, moving in space 
with a gradual increase in the concentration up to a certain maximum value, is characteristic for each 
adsorbed substance. This front blurs out with time, since, simultaneously with the adsorption process, 
partial desorption of the component occurs, which is carried away by the fluid flow. The concentration 
distributions are oscillations of different forms for the chosen initial data. The adsorption of one 
component is initially suppressed by the other, but then the first component starts to occupy the 
adsorption centres more rapidly which also leads to an oscillatory mode, confirming the competing nature 
of the sorption process. 

4. COMPARISON WITH EXPERIMENT 

The conclusions on the behaviour of the parameters of multicomponent sorption, obtained on the basis of the 
mathematic model, agree completely with the results of specially conducted experiments [lo]. Adsorption 
chromatographic effects, which occur during the seepage of the highly viscous oil from the Arlan oil field with a 
high content of surface-active components, were studied. PVC pipes with a length of 3 m and a diameter of 
22 mm filled with quartz sand were used as models of porous media. In all the experiments, after the completion 
of the seepage process, the pipe was cut into 10, 20 or 40 elements, each of which was examined to estimate the 
degree of adsorption along the length of the model of the porous medium. The free, unadsorbed, part of the seeped 
fluid from each element was separated on a centrifuge and the remaining part was extracted using well-known 
methods and examined photocolorimetrically. The light absorption coefficient 5, which quantitatively characterizes 
the content of the adsorbed residue [l, 21, was measured. The longitudinal distribution of 5 along the model of 
the porous medium was found to be non-linear. This is confirmed by the dependence of 5 for the model divided 
into 40 analysed elements, given in Fig. 4(a). 

The initial-boundary-value problem (l.l)-(1.6) in the case of two components was solved under conditions that 
approximated as closely as possible the experimental ones in order to compare the results of the experimental and 
theoretical analysis. The results cannot pretend to be a quantitative comparison since the values of 4 only give an 
indirect representation of the content of adsorbed substances in the experiments, while approximate values of the 
coefficients are used in the theoretical formulation. A graph of the total concentration of the absorbed components 
as a function of the space coordinate at fixed points of space (which corresponds to the conditions of the experiment) 
is given in Fig. 4(b). 

The results obtained show good qualitative similarity between the numerical calculations and the experimental 
data and the oscillatory nature of the competing adsorption processes. 



I. Vi Bochkareva and L. A. Kovaleva 

1. 
2. 

3 

4. 

5. 

6. 

7. 

8. 

9. 
10. 

REFERENCES 
MARKHASIN, I. L., The Physical-Chemical Mechanics of an Oil Stratum. Nedra, Moscow, 1977. 
MILESHINA, A. G., KALINKO, M. K. and SAFONOVA, G. I., The Change in Oils During Seepage through Rock. Nedra, 
Moscow, 1983. 
NIKOLAYEVSKII, V N., BONDAREV E. A. and MIRKIN, M. I., The Motion of Hydrocarbon Mixtures in a Porous Medium. 
Nedra, Moscow, 1968. 
AKHATOV, I. Sh., KHASANOV, M. M. and KHLJSAINOV, I. G., Self-existed and stochastic oscillations in the hydrodynamics 
of Newtonian fluids. Prikl. Mat. Mekh., 1993, 57, 1, 71-76. 
KHASANOV, M. M. and BULGAKOVA, G. T, Non-equilibrium and non-linear effects in two-phase seepage processes. 
Dokl., Ross. Akad. Nauk, 366, 6, 768-770. 
ENTOV, V M., The theory of non-equilibrium effects in the seepage of inhomogeneous Auids. Iz1/. Akad. Nauk SSSR. MZhC, 
1980,3,52-57. 
FILIPPOV, L. K., The dynamics of the physical adsorption of mixtures in the isothermal case. Dokl. Akud. Nuuk SSSR, 1987, 
294,2,41&421. 
FRANK-KAMENETSKII, D. A., Difision and Heat Exchange in Chemical Kinetics. Princeton University Press, Princeton, 
1955. 
VOLTERRA, V, Legons SW la Thiorie Mathimatique de la Lutte pour la Vie, Gautheir-Villars, Paris, 1931. 
KOVALEVA, L. A. and ISHMURZINA, N. M., Abstracts of Papers of the Institute of Mechanics and Mathematics. Akad. 
Nauk AzSSR, Baku, 1990, pp. 74-75. 

Translated by V.S. 


